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Abstract. Using the variational method and the effective mass and parabolic band approximations, the
behaviour of the binding energy and photo-ionization cross section of a hydrogenic-like donor impurity in
an InAs quantum ring, with Pöschl-Teller confinement potential along the axial direction, has been studied.
In the investigation, the combined effects of hydrostatic pressure and electric and magnetic fields applied
in the direction of growth have been taken into account. Parallel polarization of the incident radiation
and several values of the applied electric and magnetic fields, hydrostatic pressure, and parameters of the
Pöschl-Teller confinement potential were considered. The results obtained can be summarised as follows:
(1) the influence of the applied electric and magnetic fields and the asymmetry degree of the Pöschl-Teller
confinement potential on the donor binding energy is strongly dependent on the impurity position along
the growth and radial directions of the quantum ring, (2) the binding energy is an increasing function of
hydrostatic pressure and (3) the decrease (increase) in the binding energy with the electric and magnetic
fields and parameters of the confinement potential (hydrostatic pressure) leads to a red shift (blue shift)
of the maximum of the photo-ionization cross section spectrum of the on-centre impurity.

1 Introduction

Quantum dot (QD) and quantum ring (QR) semiconduc-
tor structures have been fabricated using self-assembly
techniques, such as those shown in the experimental work
of Petroff et al. [1]. Both QD and QR systems are the sub-
ject of great interest for their application in optoelectronic
devices [2–5]. On the other hand, if one goes beyond the
case of single nanostructures, the artificial molecules con-
sisting of coupled QDs or QRs are particularly attractive
because they show great promise for quantum information
processing [6] and terahertz devices [7].

In a work published several years ago, Lorke et al. first
observed a far-infrared optical response in self-assembled
QRs, revealing a magneto-induced change in the ground
state from angular momentum l = 0 to l = −1, with
a flux quantum piercing the interior [8]. On the other
hand, the study in recent years of the electronic proper-
ties of hydrogenic-like impurities in low-dimensional semi-
conductor heterostructures has become a research subject
of great interest. This stems from the existence of vast
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possibilities associated with the purposeful manipulation
of the impurity binding energy by means of external in-
fluences, and hence the possibility of controlling the elec-
tronic and optical properties of functional devices based
on such heterostructures [9]. In contrast to the case of
massive samples, in quantum heterostructures the effect
of external influences such as hydrostatic pressure, exter-
nal fields etc. on the impurity binding energy – as well as
other features – , depends on the shape and size of sample,
on the shape of the confinement potential energy, and also
on the impurity centre position. In this sense, Barticevic
et al. calculated the energy spectrum and optical absorp-
tion properties of QRs subject to magnetic fields [10]; al-
though this study neglected the excitonic and impurity
effects. Furthermore, a theoretical work on the shallow-
donor states in toroidal GaAs-(Ga,Al)As QRs, with the
use of the effective mass approximation together with a
variational calculation, is presented in reference [11]. The
work includes the effect of an axial magnetic field on free-
electron and shallow-donor states.

An analytical approach to the problem of an elec-
tron impurity positioned in a QR in the presence
of crossed axially-directed homogeneous magnetic and
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radially-directed electric fields appears in the work by
Monozon and Schmelcher [12]. In addition, Aichinger
et al. [13] have considered the effects of impurities and
changing ring geometry on the many electron’s energy lev-
els in a QR under the influence of an external magnetic
field.

Theoretical studies about the photo-ionization cross
section (PCS) in low dimensional semiconductor systems
have been the subject of great interest as well. The reason
for this is that the PCS provides useful information that
helps our understanding of the optical properties of con-
fined carriers. It also characterises the impurity states in
the heterostructure. Among the different parameters to be
considered in the calculation of the PCS, we can mention:
(1) the confinement degree [14,15]; (2) the energy and po-
larization of the incident photon [16]; (3) the shape and ge-
ometrical dimensions of the heterostructures [17]; (4) the
presence of applied electric and/or magnetic fields [18–20],
and (5) hydrostatic pressure and temperature [21,22].

A recent investigation of the effects of the confinement
potential and growth-direction-oriented applied magnetic
fields on the binding energy and PCS of a donor impurity
in an InAs Pöschl-Teller (PT) QR was presented in ref-
erence [23]. The research makes use of the effective mass
approximation and a variational procedure. There, the au-
thors reported the binding energy dependencies on the
height and the inner and outer radii of the QR, the ap-
plied magnetic field, and the parameters of the PT con-
finement potential. Given its relevance as a precedent to
the present work we should describe here the main results
obtained therein: (1) the binding energy is an increasing
(decreasing) function of the inner (outer) radius, (2) the
binding energy is a decreasing function of the height of
the QR, (3) for impurities located at the centre of the
QR, the binding energy is a decreasing function of the ap-
plied magnetic field and (4) for on-centre impurities, the
binding energy is a decreasing function of the asymmetry
parameters of the PT.

In the case of the PCS, the results of reference [23]
show that with increasing inner (outer) radius of the QR
there is a blue shift (red shift) of the maximum of the
lineshape of the PCS as a function of the incident photon
energy.

In the present work, we extend the research described
above in order to perform a predictive study of the effects
of the hydrostatic pressure, applied electric and magnetic
fields and impurity position on the donor binding energy
and PCS in an InAs PT QR. The paper is organised as fol-
lows. In Section 2 we describe the theoretical framework.
Section 3 is dedicated to the results and discussion and
our conclusions are given in Section 4.

2 Theoretical framework

Figure 1 presents a pictorial view of the QR geometry
considered. Specifically, we highlight the dimensions of the
heterostructure (inner and outer radii and height) and the
direction of the applied electric and magnetic fields.

Fig. 1. (Color online) Pictorial view of the quantum ring con-
sidered in the present work.

The Hamiltonian for a hydrogenic donor impurity in an
InAs QR under the influence of growth-direction applied
electric and magnetic fields (�F = F ẑ, �B = B ẑ), in the
effective-mass approximation, is:

H =
1

2 m∗(P )

(
�p+

|e| �A

c

)2

+V (ρ, z, P )+ |e|F z− e2

ε(P ) r
,

(1)
where r = [(�ρ− �ρi)2 + (z − zi)2]

1
2 is the distance from the

electron to the impurity site (with (zi, �ρi) and (z, �ρ) be-
ing the impurity and electron coordinates, respectively),
�A is the vector potential, and |e| is the absolute value
of the electron charge. Additionally, m∗(P ) and ε(P )
are, respectively, the hydrostatic pressure dependent elec-
tron effective mass and the static dielectric constant.
V (ρ, z, P ) = VPT (z, P ) + V (ρ, P ) is the confinement po-
tential of the QR, given by:

V (ρ, P ) =

{
0, if R1(P ) ≤ ρ ≤ R2(P ),

∞, if ρ < R1(P ), ρ > R2(P ),
(2)

and:

VPT (z, P ) =
�

2 β2

2 m∗(P )

[
χ (χ − 1)
sin2(β z)

+
λ (λ − 1)
cos2(β z)

]
. (3)

The shape and symmetry of the PT potential, VPT (z, P ),
can be tuned by the values taken for the parameters χ
and λ. It is perfectly symmetric when χ = λ. Besides, as
can be observed from equation (3), it has two singularities:
one at z = 0 and the second at z = π/(2 β), where β =
π/(2 L) [24].

Considering the so-called Gauge of Landau ( �A =
1
2

�B × �r), the Hamiltonian in equation (1), in cylindrical
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coordinates, takes the form:

H = − �
2

2 m∗(P )

[
1
ρ

∂

∂ρ

(
ρ

∂

∂ρ

)
+

1
ρ2

∂2

∂φ2
+

∂2

∂z2

]

+
i � |e|B
2 m∗(P )

∂

∂φ
+

m∗(P )ω2
H ρ2

8
+ V (ρ, z, P )

+ |e|F z − e2

ε(P ) r
, (4)

where ωH = |e|B
m∗(P ) = �

m∗(P ) a2
H

. Here aH is the magnetic
length and ωH the cyclotron frequency.

According to the variational method, the ground-state
wave function associated with the z-dependent part of the
Hamiltonian in equation (4) without the impurity poten-
tial term can be expressed by [25,26]:

fF (z) = NF f(z) e−αF z (5)

where NF and αF are the normalisation constant and
the electric-field-dependent variational parameter, respec-
tively. Here, f(z) is the ground-state wave function asso-
ciated with the z-dependent part of the Hamiltonian in
equation (4), without the impurity potential and the ap-
plied electric field terms. It is given by:

f(z) = sinχ(β z) cosλ(β z). (6)

The eigenvalue corresponding to the wave function in
equation (6) is given by [27]:

Ez =
�

2 β2

2 m∗(P )
(χ + λ)2. (7)

After the minimisation process, we shall call αF0

and EzF0, respectively, the optimal values of the varia-
tional parameter and the ground-state energy along the
z-direction with the applied electric field.

Because in the present work we are strictly interested
in the ground state of the confined electron, we take l = 0
for the orbital angular momentum quantum number. Con-
sequently, the ground-state wave function, ϑ(ρ), associ-
ated with the ρ-dependent terms of the Hamiltonian in
equation (4) without the impurity potential has the fol-
lowing form:

ϑ(ρ) = e−ρ2/(4a2
H)
[
F

(
−Δ, 1,

ρ2

2 a2
H

)

+ G1 U

(
−Δ, 1,

ρ2

2 a2
H

)]
, (8)

where F and U are the degenerate hypergeometric func-
tions and Δ = m∗(P ) Eρ a2

H

�2 − 1
2 (Eρ is the ground-state

energy associated with the lateral confinement). For fixed
values of R1 and R2, the values of Eρ and the constant G1

are obtained from the vanishing condition on the radial so-
lution at the potential barriers, i.e., ϑ(R1) = ϑ(R2) = 0.

Following the usual variational procedure, we obtain
the impurity ground-state energy by minimising the func-
tional:

Eαi =
〈Ψi(ρ, z)|H |Ψi(ρ, z)〉
〈Ψi(ρ, z)|Ψi(ρ, z)〉

∣∣∣∣
minαi

(9)

where:
Ψi(ρ, z) = fF (z)ϑ(ρ) e−αi r (10)

and αi is the variational parameter. The impurity binding
energy is defined as:

Eb = Eρ + EzF0 − Eαi0 , (11)

where αi0 is the optimal value of the variational parame-
ter.

The inclusion of hydrostatic pressure effects is made
via the pressure dependence on the electron effective mass,
on the InAs static dielectric constant, and on the dimen-
sions (inner and outer radii and height of the heterostruc-
ture). They are, respectively [28,29]:

m∗(P )
m0

=
[
1 + Π0

(
3 Eg(P ) + 2 Δ

3 Eg(P ) (Eg(P ) + Δ)

)]−1

, (12)

ε(P ) =
(
12.3 − 3.2761× 10−2P

)(237.94 + 0.407P

218.74 + 0.406P

)2

,

(13)

L(P ) = L(0) [1 − P (S11 + 2S12)] , (14)

and

Ri(P ) = Ri(0) [1 − 2P (S11 + 2S12)]
1/2

, (i = 1, 2),
(15)

where m0 is the free electron mass and Eg(P ) is the pres-
sure dependent InAs band gap, which is given by:

Eg(P ) = (532.949 + αP ) meV. (16)

In the calculations we take Π0 = 38 eV, Δ = 0.38 eV,
α = 7.7 meV/kbar, S11 = 1.946×10−3 kbar−1, and S12 =
−6.855× 10−4 kbar−1 [30,31].

One may write the PCS describing the transitions
from the impurity ground-state |Ψi〉 to the final state |Ψf 〉
within the dipole approximation. The corresponding ex-
pression is [17,19,20,32–34]:

σ(ω) =
4 π2 αFS � ω

ε(P )1/2

(
Feff

F0

)2(
m∗(P )

m0

)2

×
∑

f

∣∣∣〈Ψi

∣∣∣�ξ · �r
∣∣∣Ψf

〉∣∣∣2 δ (Ef − Ei − � ω), (17)

where αFS is the fine structure constant, � ω is the photon
energy, Feff is the effective electric field on the impurity,
F0 is the average field, �ξ is the light wave polarization
vector, and Ef and Ei are the energies of the final and
initial states, respectively. The final state wave function
is the eigenfunction of the Hamiltonian in equation (1)
without the impurity potential term and is given by:

Ψf (ρ, z) = Nf ϑ(ρ) fF (z), (18)
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Fig. 2. (Color online) Binding energy of a donor impurity in
an InAs Pöschl-Teller QR as a function of the impurity position
along the z-direction. Several values of the electric field have
been considered for χ = λ = 1.001, B = 0.1 T, and P = 0.

where Nf is a normalisation constant. We have considered
the case when the polarization vector is directed along
the z-axis (parallel polarization). In this case the selection
rules for the matrix element of the dipole moment indicate
that we must take into account the transitions from the
first impurity states to the ground state of the QR. Then,
the PCS for parallel polarization of the incident radiation
may be written as:

σ(ω, P ) =
4 π αFS � ω

ε(P )

(
Feff

F0

)2(
m∗(P )

m0

)2

|Ifi|2

× Γ

(Eb − �ω)2 + Γ 2
, (19)

where Γ is the Lorentzian parameter and:

Ifi = (Ni Nf )

×
∫ L

0

∫ 2π

0

∫ R2

R1

z e−α r |ϑ(ρ) fF (z)|2 ρ dρ dϕ dz. (20)

To our knowledge, there are no experimental measure-
ments on the hydrostatic dependence of the Γ Lorentzian
parameter. We have therefore taken the fixed value Γ =
4 meV [35].

3 Results and discussion

For all QRs studied, we have used the following fixed
values of the dimensions: the inner radius R1 = 10 nm,
the outer radius R2 = 60 nm, and height L = 30 nm.
Then, in Figure 2 we present our results for the bind-
ing energy of a donor impurity in an InAs PT QR as
a function of the impurity position along the z-direction
of the QR. The calculation considers several values of
electric field for χ = λ = 1.001, B = 0.1 T, P = 0,
and ρi = (R1 + R2)/2. In the case of zero applied elec-
tric field (F = 0) –and because we have taken χ = λ–,

the binding energy curve is symmetrical with respect to
zi = L/2 = 15 nm, with a maximum for the impurity at
the center of the QR. This happens for in this case the
amplitude of the probability along the z-direction, for a
non-correlated electron wave function, is also symmetrical
with respect to z = L/2 = 15 nm. With the increase of
the electric field strength, the maximum of the probabil-
ity for the uncorrelated electron wave function is shifted
towards the 0 < z < L/2 region, thus breaking the even
symmetry with respect to the position z = L/2. For im-
purities located within the range 0 < zi < L/2, the ex-
pectation value of the electron-impurity distance is then
smaller than the one obtained for impurities in the region
L/2 < zi < L. This makes the binding energy in the first
case larger than that of the second case. In this sense it
is valid to say that the shape of the curve for the bind-
ing energy as a function of the impurity position exhibits
the same behaviour as shown by the electron probability
density as a function of the z-coordinate.

It is clear from Figure 2 that with the strengthening
of the electric field, the maximum value reached by the
binding energy increases. This can be explained by means
of the arguments that follow: as we have already men-
tioned, with the increase of the electric field the electron
probability shifts towards the 0 < z < L/2 region. Hence,
due to the infinite potential barrier located at z = 0, the
increase in the electric field strength is reflected in a di-
minishing of the effective width of the spatial region in
which the electron is confined. This is, in other words,
just a reinforcement of the quantum confinement and, as
a consequence, the binding energy must increase. When
the impurity is placed at the region zi � 0, the bind-
ing energy is bigger for larger value of the electric field,
and this effect is reversed when the impurity is located at
zi � L. In the limit of very large electric fields, the ex-
pectation value of the axial distance between the electron
and the impurity is approximately equal to zero for im-
purities located at zi = 0, and equal to L, for impurities
located at zi = L. Notice that the electric field intensities
equal to or larger than 300 kV/cm have practically sat-
urated their effects and induce no substantial changes in
the electron-impurity binding energy.

In Figure 3 we present our results for the binding en-
ergy of a donor impurity in an InAs PT QR as a function of
the impurity position along the z-direction of the QR. We
are now changing the PT geometry by considering several
values of the χ-parameter while keeping fixed the values
λ = 1.001, B = 0.1 T, F = 0, and P = 0. Notice that in
the case of χ = 1.001 the PT confinement potential is sym-
metrical and becomes an infinite square confinement po-
tential. This special case was discussed above in Figure 2.
As the χ-parameter increases, the amplitude of probabil-
ity along the z-direction for the uncorrelated electron wave
function shifts from the center of the heterostructure to-
wards the region L/2 < z < L. In this case, the Coulomb
electron-impurity interaction strengthens for the situa-
tion in which the impurities are located within the region
L/2 < zi < L, whilst it weakens for impurities in the
region 0 < zi < L/2. For this reason, the maximum of
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Fig. 3. (Color online) Binding energy of a donor impurity in
an InAs Pöschl-Teller QR as a function of the impurity posi-
tion along the z-direction. Several values of the χ-parameter
of confinement potential have been considered for λ = 1.001,
B = 0.1 T, F = 0, and P = 0.

the binding energy appears shifted to the right-hand side.
This can be rationalised as an effect analogous to the one
exerted by a negative electric field oriented in the oppo-
site direction to the one considered in obtaining the results
of Figure 2. For χ > 1.001 the effect of the confinement
potential is stronger than in the symmetrical case due to
the reduction in the effective height of the QR in which
the electron is confined. Therefore the Coulomb interac-
tion and, consequently, the binding energy become larger.
Notice that the binding energy is much larger when the
impurity is placed close to zi � L. In that case the impu-
rity is placed near the region in which the electron wave
function reaches its maximum; a fact that is directly re-
lated to the asymmetry induced in the potential when one
makes χ > 1.001.

From both Figures 2 and 3 we can see that when
the position of the impurity coincides with the centre of
the QR (zi = L/2, ρi = (R1 + R2)/2), the binding en-
ergy is always a decreasing function of the applied electric
field strength. The same happens with the variation PT
confinement parameter as long as the condition λ �= χ is
fulfilled. This is because, in both cases, the electric field
and the asymmetry induced on the PT confinement poten-
tial push the electron probability far from the impurity.
On the other hand, as long as we satisfy the condition
λ = χ for the PT parameters, the binding energy must be
an increasing function of their value given that this simul-
taneous increase means a reduction in the quantum disk
effective height.

In Figure 4 we present the binding energy of a donor
impurity in an InAs PT QR as a function of the impurity
position along the radial direction of the QR. Several
values of the applied magnetic field induction have been
considered for χ = λ = 1.001, F = 0, and P = 0. From
the depicted results it is clear that with the increase of the
magnetic field the maximum value of the donor binding
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Fig. 4. (Color online) Binding energy of a donor impurity in
an InAs Pöschl-Teller QR as a function of the radial impurity
position. Several values of the magnetic field induction have
been considered for χ = λ = 1.001, F = 0, and P = 0.

energy becomes shifted towards lower values of the ra-
dial coordinate. The increase in the magnetic field in-
duction intensity makes the electron much more localised
around the axis of the QR (near to the infinite barrier
located at ρ = R1). For this reason, the maximum of
the electron-impurity binding energy curves corresponds
to impurities with radial position contained in the region
R1 < ρi < (R1 + R2)/2. Also we can see that in this
case, when the impurity is placed at ρi = R1, increasing
the magnetic field induction causes the binding energy to
rise as well. When one increases the magnetic field the
maximum of the electron probability density concentrates
largely within the region in which the impurity is located.
As a consequence, the expectation value of the electron-
impurity distance decreases and, in turn, the Coulomb
interaction is reinforced. Notice that when the impurity
is placed at ρi = R2, the binding energy decreases with
increasing magnetic field because the electron-impurity in-
teraction weakens.

The results regarding the combined effects of the hy-
drostatic pressure and the impurity position on the bind-
ing energy of a donor impurity in an InAs PT-QR can be
found in Figures 5a and 5b. In this case, the calculation is
done taking χ = λ = 1.001, and F = 0, and B = 1 T. It is
readily seen that in all cases, the influence of the hydro-
static pressure leads to an increase in the binding energy.
There are several factors which are responsible for such be-
haviour, namely that as long as the hydrostatic pressure
increases, (1) the InAs dielectric constant diminishes, (2)
the electron effective mass increases and (3) the dimen-
sions of the structure decrease. With the increase of the
effective mass, the first non-correlated electron confined
state goes down in energy. On the other hand, the reduc-
tion of the dielectric constant leads to the weakening of the
electrostatic screening with the consequent reinforcement
of the Coulombic interaction and the growth of the bind-
ing energy value. Reducing the effective dimensions of the
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Fig. 5. (Color online) Binding energy of a donor impurity in
an InAs Pöschl-Teller QR as a function of the impurity position
along the z-direction (a) and along the radial direction (b) for
several values of the hydrostatic pressure with χ = λ = 1.001,
F = 0, and B = 1 T.
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Fig. 6. (Color online) Photoionisation cross section of a donor
impurity in an InAs Pöschl-Teller QR as a function of the pho-
ton energy for parallel polarisation of the incident radiation.
Several values of electric field (with χ = λ = 1.001, B = 0.1 T,
P = 0) (a); χ-parameter (with λ = 1.001, F = 0, B = 0.1 T,
P = 0) (b); hydrostatic pressure (with χ = λ = 1.001,
F = 0, B = 1 T) (c), and magnetic field induction (with
χ = λ = 1.001, F = 0, P = 0) (d) have been considered.

structure results in shortening of the effective electron-
impurity distance, which also leads to an increase in Eb.
As can be seen from the figures, the influence of the hydro-
static pressure does not modify the overall phenomenology
associated with the binding energy curves.

In Figure 6 we present the PCS of a donor impurity
in an InAs PT-QR as a function of the incident photon
energy in the case of parallel polarization of the incident
radiation. The impurity is placed on the centre of the QR
(zi = L/2, ρi = (R1 + R2)/2). Our calculation includes
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Fig. 7. (Color online) Photo-ionization cross section of a donor
impurity in an InAs Pöschl-Teller QR as a function of the pho-
ton energy for parallel polarization of the incident radiation.
Several values of the impurity position along the z-direction (a)
and radial direction (b) have been considered for λ = 1.001,
F = 0, and B = 0.1 T. In (a) results are for χ = 6 with
ρi = (R1 + R2)/2 whereas in (b) the results are for χ = 1.001
with zi = L/2.

several values of the electric field (a), PT χ-parameter (b),
hydrostatic pressure (c) and magnetic field induction (d).
From Figure 6 it is clear that in all cases the PCS
has a threshold behaviour. Figures 6a, 6b and 6d show
that with the respective increase of the electric field, the
χ-parameter and the magnetic field induction, the thresh-
old energy of the PCS decreases. The explanation of this
fact lies in the decrease of the on-centre donor binding en-
ergy (see Figs. 2–4 respectively). Also Figure 6c shows that
with the increase of the hydrostatic pressure the thresh-
old energy of the PCS increases, which is a consequence
of the increase of the binding energy (see Fig. 5). So, the
results show that the decrease (increase) of the binding en-
ergy associated either with the electric field, the magnetic
field, and the parameter of the PT-confinement potential
(hydrostatic pressure) leads to the red shift (blue shift)
of the maximum of the PCS spectrum. Notice that the
shape of the PCS does not depend on the light polariza-
tion, because in analogy to the case of a QD, in the QR
the electron is also confined in all directions of the space.
But there are different selection rules: in the case of a
cylindrical QD when the polarization vector is directed
along the radial direction of the QD for an on-centre im-
purity (zi = 0, ρi = 0) the transition from the ground im-
purity state to the ground state of the cylindrical QD is
forbidden [16]. However, in the case of a QR the impurity
is always found at ρi �= 0 and the mentioned transitions
are allowed.

Figure 7 contains our results for the PCS of a donor
impurity in an InAs PT-QR as a function of the incident
photon energy in the situation of parallel polarization of
the incident radiation. In this case, the parameters chosen
to vary are both the axial and radial impurity positions. In
Figure 7a, taking into account an asymmetrical potential
configuration, it is clearly observed that when the impu-
rity is placed at zi = 0 and zi = L there will be distinct
PCS threshold energies due to the asymmetry induced by
the difference between the two PT-potential parameters.
This is reflected in different values of Eb for an impurity
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localised at a given position and, at the same time, mani-
fests through a variety of minimum-photon-energy values
capable of generating transitions, as is readily seen in the
figure. Figure 7b shows that for the chosen value of the
magnetic field, the threshold energy of the PCS is a maxi-
mum when the impurity is placed on the centre of the QR,
which coincides with the result shown in Figure 4. Also, we
can see that when the radial impurity position is ρi = R1

the threshold energy is bigger than when the impurity is
placed on ρi = R2. This fact can also be explained by ob-
serving the corresponding behaviour of the binding energy
reported in Figure 4b.

4 Conclusions

In this article we have studied the combined influence
of hydrostatic pressure, electric and magnetic fields, and
impurity position on donor binding energy and photo-
ionization cross section in an InAs quantum ring with
Pöshl-Teller confinement potential along the axial direc-
tion. Our results show that the impurity position along
the growth and radial directions can significantly modify
the influence of external electric and magnetic fields, and
the influence of the asymmetry degree of the Pöschl-Teller
confinement potential on the donor impurity binding en-
ergy. Also, we have shown that the binding energy is an
increasing function of hydrostatic pressure. Additionally,
we have found that the decrease (increase) of the binding
energy with the electric and magnetic fields and the pa-
rameters of confinement potential (hydrostatic pressure)
leads to a red shift (blue shift) of the maximum of the
photo-ionization cross section of an on-centre impurity.
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